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9.1. BASES, LATTICES AND BRAVAIS LATTICES

Another possibility is to make use of the symmetry properties of
lattices. This procedure, with the aid of standardization rules, leads
to the conventional crystallographic basis and cell. In addition to
translational symmetry, a lattice possesses point-group symmetry.
No crystal can have higher point-group symmetry than the point
group of its lattice, which is called holohedry. The seven point
groups of lattices in three dimensions and the four in two
dimensions form the basis for the classification of lattices (Table
9.1.4.1). It may be shown by an algebraic approach (Burckhardt,
1966) or a topological one (Delaunay, 1933) that the arrangement of
the symmetry elements with respect to the lattice vectors is not
arbitrary but well determined. Taking as basis vectors lattice vectors
along important symmetry directions and choosing the origin in a
lattice point simplifies the description of the lattice symmetry
operations (¢f. Chapter 12.1). Note that such a basis is not
necessarily a (primitive) basis of the lattice (see below). The choice
of a basis controlled by symmetry is not always unique; in the
monoclinic system, for example, one vector can be taken parallel to
the symmetry direction but the other two vectors, perpendicular to
it, are not uniquely determined by symmetry.

The choice of conventions for standardizing the setting of a
lattice depends on the purpose for which it is used. The several sets
of conventions rest on two conflicting principles: symmetry
considerations and metric considerations. The following rules (i)
to (vii) defining a conventional basis are taken from Donnay (1943;
Donnay & Ondik, 1973); they deal with the conventions based on
symmetry:

(i) Each basis vector is a lattice vector from the origin to the
nearest node on the related row. The basis must define a right-
handed coordinate system.

(ii) The basis vectors for a cubic lattice are parallel to the fourfold
axes.

(ilia) In a hexagonal lattice, one basis vector, parallel to the
sixfold axis, is labelled ¢. The remaining two basis vectors are taken
along twofold axes and they must include an angle of 120°; from the
two possible sets, the shorter vectors are chosen.

(iiib) For rhombohedral lattices, two descriptions are given in the
present edition, as in earlier ones. The first description which gives
the conventional cell uses ‘hexagonal axes’. In this case, ¢ is taken
along the threefold axis. The remaining two vectors are chosen
along twofold axes including an angle of 120°; they are oriented so
that lattice points occur at 2/3,1/3,1/3 and 1/3,2/3,2/3 (obverse
setting). The reverse setting (0,0,0;1/3,2/3,1/3;2/3,1/3,2/3) is
not used in the space-group tables (cf. Section 1.2.1, footnote 7).
The second description uses ‘thombohedral axes’: a, b and ¢ are the
shortest non-coplanar lattice vectors symmetrically equivalent with
respect to the threefold axis.

(iv) In a tetragonal lattice, the vector ¢ is along the fourfold axis,
and a and b are chosen along twofold axes perpendicular to each
other. From the two possible sets, the shorter vectors are chosen.

(v) In an orthorhombic lattice, a, b and ¢ must be taken along the
twofold axes.

(vi) For monoclinic lattices, two ‘settings’ are given in the
present edition. In one setting, the only symmetry direction is
labelled b (b-unique setting). The basis vectors a and ¢ are chosen to
be the shortest two vectors in the net plane perpendicular to b, the
angle 3 should be non-acute. This occurs if

0 < —2a-¢ < min(d% ¢?). (9.1.4.1)

In the other setting, the symmetry direction is labelled ¢ [c-unique
setting; first introduced in /T (1952)]. In this case, a and b are the
shortest two vectors in the net plane perpendicular to ¢ and the angle
~ should be non-acute. The b-unique setting is considered to be the
standard setting.

(vii) The reduced basis is used to describe a triclinic (= anorthic)
lattice (cf. Chapter 9.3).

The metric parameters of the conventional basis are called lattice
parameters. For the purpose of identification, additional metric
rules have to be employed to make the labelling unique; they can be
found in the introduction to Crystal Data (Donnay & Ondik, 1973).

When the above rules have been applied, it may occur that not all
lattice points can be described by integral coordinates. In such
cases, the unit cell contains two, three or four lattice points. The
additional points may be regarded as centrings of the conventional
cell. They have simple rational coordinates. For a conventional
basis, the number of lattice points per cell is 1, 2, 3 or 4 (see Tables
9.1.7.1 and 9.1.7.2).

In two dimensions, only two centring types are needed:

p : no centring (primitive);
¢ : face centred.
In three dimensions, the following centring types are used:
P : no centring (primitive);
I : body centred (innenzentriert);
F : all-face centred;
A, B, C : one-face centred, (b,c) or (c,a) or (a,b);

R : hexagonal cell rhombohedrally centred

[see rule (iiib) above].

In orthorhombic and monoclinic lattices, some differently
centred cells can be transformed into each other without violating
the symmetry conditions for the choice of the basis vectors. In these
cases, the different centred cells belong to the same centring mode.
In the orthorhombic case, the three types of one-face-centred cells
belong to the same centring mode because the symbol of the cell
depends on the labelling of the basis vectors; C is usually preferred
to A and B in the standard setting; the centring mode is designated S
(seitenflichenzentriert). In the monoclinic case (b-unique setting),
A, I and C can be transformed into each other without changing the
symmetry direction. C is used for the standard setting (cf. Section
2.2.3); it represents the centring mode S. The vectors a, ¢ are
conventionally chosen as short as the C-centring allows so that they
need not be the shortest two vectors in their net plane and need not
fulfil the inequalities (9.1.4.1).

In some situations, the /-centring of the monoclinic conventional
cell may be more advantageous. If the vectors a, ¢ are the shortest
ones leading to the centring /, they obey the inequalities (9.1.4.1).

9.1.5. Remarks

(i) For the handling of special problems such as subgroup
relations, it may be convenient to use additional centred cells, e.g. a
hexagonal cell centred at 2/3,1/3,0 and 1/3,2/3,0, which is
called H. In this case, rule (iiia) above is violated as vectors a and b
are now directed along the second set of twofold axes. Similarly, for
tetragonal lattices, C may be used instead of P, or F instead of I; cf.
Chapter 1.2.

(i1) Readers who have studied Section 8.1.4 may realize that the
‘lattice bases’ defined here are called ‘primitive bases’ there and
that both ‘primitive bases’ and ‘conventional bases’ are special
cases of bases used in crystallography.

9.1.6. Classifications

By means of the above-mentioned lattice properties, it is possible to
classify lattices according to various criteria. Lattices can be

743

Copyright © 2006 International Union of Crystallography

references


http://it.iucr.org/Ab/ch9o1v0001/references/
http://it.iucr.org/Ab/ch9o1v0001/sec9o1o5/


<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /All
  /Binding /Left
  /CalGrayProfile (None)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.3
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJDFFile false
  /CreateJobTicket false
  /DefaultRenderingIntent /Perceptual
  /DetectBlends true
  /ColorConversionStrategy /sRGB
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /SyntheticBoldness 1.00
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 524288
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveEPSInfo true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts false
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 150
  /ColorImageDepth -1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages false
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /ColorImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasGrayImages false
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 150
  /GrayImageDepth -1
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /GrayImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasMonoImages false
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 600
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputCondition ()
  /PDFXRegistryName (http://www.color.org)
  /PDFXTrapped /False

  /DetectCurves 0.100000
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /PreserveDICMYKValues true
  /PreserveFlatness true
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /OK
  /ColorImageMinDownsampleDepth 1
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /OK
  /GrayImageMinDownsampleDepth 2
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /CheckCompliance [
    /None
  ]
  /PDFXOutputConditionIdentifier ()
  /Description <<
    /ENU ()
  >>
>> setdistillerparams
<<
  /HWResolution [300 300]
  /PageSize [641.000 859.000]
>> setpagedevice


